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Abstract
In this paper we explore the utility of nonlinear dimensionality reduction techniques in the realm
of facial expression analysis. First, we test the ability of nonlinear techniques to describe the higher
nonlinear nature of human facial expressions. We exploit the data-driven model of an embedding to
create novel facial expressions. Finally, we composite the facial expressions back on the face.
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Introduction

Within the Computer Vision community, there has been a recent push to recognize identity from digital
photos of individuals. To properly identify the individual in the image, many factors need to accounted
for: pose, lighting, facial expression, change in appearance et cetera.
While pose and lighting are well understood phenomenon, facial expressions are not. In a recent
paper on the topic, expression and occlusion were cited as the bigest problems with facial recognition.
[4] Hopefully, by removing information about identity, pose and lighting, one can characterize facial
expressions independently.
Our goal is to say that the intrinsic dimensionality of a human face is quite low, and that by
projecting image data down in a reasonable way, we can characterize different aspects of the face in
different dimensions.
The conjecture here is that we can use these dimensionality techniques on a large and varied dataset
to learn a reasonable space for expressions. First, this will give us a new attack on an existing problem
of human facial expression classification. Second, it will allow us to look for faces of similar expressions
in a large dataset. Finally, it is possible that this characterization will allow us to confront the larger
issue of human face recognition. As shown in [4], facial expressions currently represent a substantial
stumbling block in face recognition.
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Background - Statistics

There are several methods to perform dimensionality reduction. Linear techniques include Principle
Components Analysis (PCA) [13], Fisher Linear Discriminants (LDA) and Locality Preserving Projections (LPP) [5] [6]. Nonlinear techniques include Locally Linear Embedding (LLE) [9] [10], Isometric
Feature Mapping (Isomap) [12] and Semidefinite Embedding (SDE).
Since this paper is not intended to be a survey of dimensionality reduction techniques, the focus
of this section will be on the relevant techniques used in future sections of the paper. Specifically, the
focus will be on Locally Linear Embedding, since it provides a convenient framework for creating new
expressions.
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2.1

Locally Linear Embedding

In LLE, the basic assumption is that the neighborhood of a given data point is locally linear. In other
words, a data-point can be reconstructed as a linear combination of its neighboring points. When
projecting to a low dimensional subspace, LLE preserves this locally linear structures.
To enforce the linear structure, the following reconstruction error is defined:
~ i − Σj∈N (i) Wij X
~ j |2
e(W ) = Σi |X

(1)

~ i are the original datapoints and Wij are the weights used for reconstruction. In
In this equation, X
contrast to a linear method, the second sum is only over the neighbors of point i, denoted N (i). From
the local reconstruction in the high dimensional space, one can define a similar reconstruction error in
the low dimensional space:
Φ(Y ) = Σi |Y~i − Σj∈N (i) Wij Y~j |2

(2)

Putting everything together, this creates the following embedding procedure:
• First, build the neighborhood map N (i).
• Second, using the neighborhood map determine the reconstruction weights Wij .
• Finally, using the neighborhood map and the reconstruction weights, determine the embedded
values Y~i .
Several key points are worth mentioning. The construction of the neighborhood map is done under
the constraint Σj Wij = 1. Also, a regularization term is typically used when calculating the weight
matrix to prevent numerical errors and to allow embedding when the number of neighbors exceeds the
number of dimensions. Finally, this entire method is computationally feasible and involves solving some
linear equations and an eigenvalue problem.

2.2

Other Techniques

The most notable other nonlinear dimensionality reduction technique is Isomap. Isomap creates a
distance matrix between points by assuming that only local distances are accurate and then enforces the
triangle inequality to derive longer distances over the manifold. [12]
There has been some recent work in a technique known as Semidefinite Embedding. While a talk
was given at UC Berkeley about this technique, it hasn’t been published yet. [11]
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Dataset / Preprocessing

The dataset used in this paper consists of approximately 400 unique photos of President George W.
Bush extracted from the news. [2] [8]
In order to obtain somewhat reasonable representations of the data, we preprocess by looking for
faces within the images. This is done using the Mikolajczyk-Schmid face finder. [7] In the News dataset,
this is an absolutely essential step, because it is not known if a face is in the image.
There are a very large number of different people in the images. We selected the most frequent
individual (President George W. Bush), and manually looked at all images with his name in the caption,
selecting only those that actually contained his face. After that, the faces were rectified to adjust for affine
differences in face orientation, specifically placing the eyes, nose and mouth in roughly the same location
in every output image. [1] Only images with reasonable rectification are kept. (’Reasonably’ rectified
images selected by hand to include only those with features in roughly the canonical configuration)
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Figure 1: The results of PCA on photos of bushes mouth. The left image shows his mouth on the first
two principle components. The right image represents the nine largest variance components.
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4.1

Experiments
Linear Techniques

As an initial attempt to understand the problem, the traditional technique of PCA was used to characterize photos of Bush’s mouth. Figure 1 shows the eigen-mouths and the projection of the images onto
the two highest variance coordinates. [13]
Linear techniques are advantageous for a number of reasons. First, they cover the entire space.
Second, they are typically easier to compute. However, it is quite reasonable to believe that the data in
this case is intrinsically non-linear.

4.2

LLE on Bush photos

The first portion of this section is devoted to simply finding a low dimensional subspace for photos of
Bush, similar to the low dimensional subspace found using PCA. Initial results reveal that the entire
faces was too complicated to support viewing in two dimensions, so almost all images will focus on a
single ’feature’ such as an eye or a mouth.
In figures 2 and 5, LLE was use to project the data down onto two dimensions. To accurately
characterize the effect of this projection, the original photo closest to a regularly sampled gridpoint is
shown behind dots representing the actual 2D projection of the image. This allows one to easily view
the data and characterize the projection. In contrast to the linear projections, the non-linear projection
appears to have less of a global structure.
If the embedding structure creating by LLE is reasonable, then it should be possible to create points
on the embedding surface that do not correspond to actual images. This can be done by constructing
a local weight matrix similar to that used by the original LLE weight matrix. First, a neighborhood
matrix is computed in the lower dimensional subspace. Second, the weight matrix is computed for these
neighbors. Finally, a new image is created using the same weight matrix on the corresponding images
(i.e. n the original dimensional space).
Since the neighborhood matrix consists of the 5 to 10 closest neighbors, it is important to regularize
the weighting to reduce the overfitting of the data. (In two dimensions it takes only three points to
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Figure 2: The results of LLE, projecting photos of President Bush’s mouth onto two dimensions. Each
image represents one image associated with that region of the embedding space. The points represent
individual images, where the red points are the ones selected for the image display. The bottom view is
a zoomed in version of the top view. The parameters used here are K=15, tol = 10−3 .
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Figure 3: Here, the coordinates represent the first two dimensions that result from LLE. The images are
generated by creating a local weight matrix of existing photos to establish a reconstruction in the higher
space. Again, points represent the original images.

Figure 4: Again, the coordinates represent the first two dimensions that result from LLE. The black
lines show the local weight matrix used to compute the new images.
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Figure 5: The results of LLE, projecting photos of President Bush’s eyes onto two dimensions. The
parameters used here are K=15, tol = 10−3 .
reconstruct the entire plane using local weights that sum to 1) Following the notaion in [10], the weights
can be constructed as follows:
Gjk
wj

˙ x − ~ηj )
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To allow for regularization, one can update the Gram Matrix (G) by the following modification:
∆
)Tr(G)
(3)
K
By increasing the tolarance term ∆, one can effectively regularize the weighting in the two dimensional
case. Finally, one needs to enforce the convex hull constraint:
Gjk ← Gjk + δjk (

wij
wij ← P
k wik

(4)

A visualization of what happens on the result can be found in figures 3 and 6. For the most part,
these reconstructed images actually look reasonable. Note that the same activity on the entire face fails
significantly. One can view the neighborhood graph in figure 4.
Because of the heavy regularization used in computing the weight matrix, the images that appear in
the same spot in the reconstructed images actually look somewhat different from the original images.
4.2.1

Compositing Faces

One way to test the structure of the LLE embedding and the image based creation of new faces is to
composite a new mouth onto an existing face. For this experiment, new mouths were chosen at random
from the array of mouths created in the previous section.
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Figure 6: Here, the coordinates represent the first two dimensions that result from LLE. The images are
generated by creating a local weight matrix of existing photos to establish a reconstruction in the higher
space. Again, points represent the original images.
The nearest face was selected for compositing. To make sure that the new mouth matched the
intensity values of the previous mouth in a reasonable way, the intensity values of the new image were
globally linearly scaled to match the existing image as closely as possible:
original − kI new |
min Σxy |Ixy
xy
k

(5)

Here I original is the original mouth and I new is the new mouth. Results of this process are shown in
figures 7 and 8. These images are some of the more promising composites. A better stitching technique
could easily improve results. [3]
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Discussion

Using LLE to project portions of Bush’s face provided a somewhat reasonable way to characterize the
variations inherent in his expression. Though images of an embedding of his entire face do not appear
in this paper, they proved unsatisfying. We suspect that there are two causes for this problem: not
enough data (400 images of Bush) and too low of an embedding dimension (can’t easily view anything
more than two dimensions).
In [10], they present an image of mouths projected onto the first two coordinates in a similar technique. Unlike the results here, their embedding maintains a strong global structure. There are two
key differences. First, there dataset is significantly larger: instead of approximately 400 mouth images,
they had 15960. Second, their dataset seemed to include many fewer artifacts of imaging in real world
circumstances. (examples include lighting, occlusion, et cetera)
While the embedding presented here still leaves something to be desired, it is consistant enough to
build new images of the patches. Furthermore, there is some promise of an image based approach to
generation of novel facial expressions. In contrast to techniques like [14], this technique does not require
in depth understanding of facial geometry.
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Figure 7: An example of image compositing. The top-left is the original face. The bottom-left is the
extracted mouth. The bottom-right is the new mouth created using LLE, and the top-right is the mouth
composited back onto the face. While the borders aren’t perfect around the mouth, the image is still
fairly impressive.

Figure 8: Another example of image compositing. This example is somewhat less impressive than the
first, but given a proper stitching technique, it still shows promise.
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The most promising aspect of this technique is the image compositing. One avenue of future research
would be to build a better embedding by using more images. One could imagine building the embedding
using images obtained from video. It would make sense to use a higher dimensional embedding as well, to
capture the many aspects of variation. Evaluation of the embedding error could provide a determination
of the intrinsic dimensionality of the data. Also, stitching techniques could easily improve the visual
believability of the composite images.
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